
1 Chapter 1 —Benchmark Model

1.1 Environment

Time is discrete and continues forever. Each Period is divided into day and night.

Day

During the day, trades occur in DM according a time-consuming bilateral matching
process. Seller can produce but do not want to consume (assumption on preference), and buyer

want to consume but can not produce (assumption on technologies). The measure of buyers and
sellers are normalized to one.

This generates a double-coincidence problem in matches between buyer and seller. Thus there
is need for means of payments in trading activities.

• Meeting between a seller and a buyer happens with probability σ. In particular, σ captures
the extent of the trading frictions in the market. 1

Interpretation of σ: it captures heterogeneity in terms of the goods that sellers produce
and that buyer consume.

• Denote the good produced and traded in DM as search good

Night

The night in general will be characterized by fewer frictions than those in DM. The night market
is labeled as CM.

At night, all agents can produce and consume. The good produced and consumed in the CM
is called general good.

Typically, buyers will produce the general good in order to settle their debt or to readjust their
asset holdings, and seller will consume the general good in order to reduce their asset holdings.

Non-Storage Assumption

All goods are nonstorable, therefore search good cannot be carried into CM and a general
good cannot be carried into DM. This assumption prevent the goods from being used as means of
payments.

Preference

U b(q, x, y) and U s(q, x, y) denoted as buyer’s and seller’s period utility functions

• q is the quantity of the search good consumed and produced in DM.

• x is the quantity of the general good consumed in the CM

• y is the amount of work undertaken in the CM

• All agents discount between night and the next day at r = β−1 − 1

Assumption: period utility functions are separable across subperiods 2

1A special case σ = 1 captures the no trading friction case in which each agent can find trading partner with
certainty

2 In addition, they assume that
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• U b(q, x, y) = u(q) + U(x, y)

• U s(q, x, y) = −c(q) + U(x, y)

For tractability, they require that an agent’s utility in CM is linear in their hours of work

• U(x, y) = v(x)− y

• Such quasilinearity plays a role in eliminating wealth effects and facilitates the determination
of terms of trade in DM

Without loss of generality, they assume that v(x) = x, so theree is no gain from producing the
general good for oneself.

Technology

The production technologies in DM and CM are both linear in labor

• one unit of labor produces one unit of output

• c(q) is the seller’s cost of labor in DM

• y is the agent’s cost of labor in CM

Optimal Search Goods

Denote q∗ to be the level of production and consumption of the search good that maximize the
match surplus between a buyer and seller, u(q)− c(q)

• u′(q∗) = c′(q∗) or graphically we can see that q∗ maximize the size of the gains from trade in
DM (the difference between u(q) and c(q))

Remark on Quasi-Linearity Assumption in CM utility

In versions of model where agents can hold assets, a more general specification for preferences
would tend to generate a distribution of asset holdings when agents are subject to idiosyncratic
shocks in DM. Such heterogeneity in asset holdings is not eliminated by trading in the CM due to
wealth effects.

However, with quasi-linear utility, there are no wealth effects and agents, condition on their
type, will choose the same asset positions in CM. Thus it simplifies the determination of terms of
trade in the DM.

Reinterpretation of the Benchmark Model

Consider the buyers are the households and sellers are the firms.

• Each firm has a technology that requires a discrete investment of k units of general good in
the CM to produce exactly one unit of a divisible intermediate good

• u′(q) > 0, u′′(q) < 0

• c′(q) > 0, c′′(q) > 0

• ∃q̄ s.t u(q̄) = c(q̄)
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• Intermediate good is durable until the next CM

• Firm can use intermediate good in the night to produce the DM good and/or the CM good.

• The DM good is produced from the intermediate good according to a linear technology. CM
good is produced from intermediate good according to f(x)

• The opportunity cost for the firm to produce DM good is c(q) = f(1)− f(1− q).Assume that
firm makes no profit from producing only the general good.

• Profits of firms are transferred to household in a lump-sum
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